Let T be a Lipschitzian pseudocontractive self mapping of a closed convex and bounded subset K of a Banach space E which is both uniformly convex and q-uniformly smooth such that the set F(T) of fixed points of T is nonempty. Then for n = 0, 1, 2, ..., converges strongly to Uω. No compactness assumption is made on K.
INTRODUCTION
Let E be an arbitrary real Banach space with dual E*. Given a gauge function Φ : [0, oo) -> [0, oo), the mapping JΦ : E -> 2 E * defined by ,hx = {/* G £* : (a;,/*) = |M|||/*||; ||/*|| = $(IMI)} is called the generalized duality map with gauge function Φ. In the particular case Φ(t) = t, Vi, the duality map J = JΦ is called the normalized duality map. For q > 1, let Φ(t) = t 9 " 1 be a gauge function. We define the generalized duality map J q : E -> 2 E * by and observe that for q = 2, J2 = J (the normalized duality map). It is well known that if E is smooth then JΦ is single valued. In the sequel, we shall denote the single valued generalized duality map by j q .
A map T : E ->• E is called pseudocontractive if for all x, y G E there exists j(x -y) G J(x -y) such that ((/ -T)x -(I -T)y, j(x -y)) > 0 (where I denotes the identity operator) and is called strongly pseudocontractive if there exists k G [0,1) such that for all x, y G E there exists j(x-y) G J(x-y) with ((/-T)x -(I-T)y, j(x -y)) > k\\x-y\\ 2 . The map T is called nonex-
pansive if \\Tx -Ty < ||x -y\\ for all x, y <E E and is said to be asymptotically nonexpansive with sequence {k n }^= l if lim k n = 1 and \\T n x-T n y\\ < k n \\x-y\\ for all x, y <EE. Let K be a nonempty subset of E and let U : If ΡE(Τ) > 0, Vr > 0 then E is said to be smooth. If there exists a constant c > 0 and a real number 1 < q < oo such that ΡE(Τ) < cτ q then E is said to be q-uniformly smooth. E is said to be uniformly convex if for each e > 0 there exists δ > 0 such that for a each x, y G B1 with \\x-y\\ >e H^ll <l-5.
In the sequel we shall also need the following definitions and results. Let /x be a continuous linear functional on l^ and let (a0, a1, ...,) G 1^-We write /x ra (a ra ) instead of /x((ao, a1,...)).
We call fi a Banach limit (see e.g., [?]) when /x satisfies \\/JL\\ = /x ra (l) = 1 and /x ra (a ra+ i) = /x ra (a ra ) for each n > 0. 
Lemma 8. Let K be a closed, convex and bounded subset of a Banach space E which is both uniformly convex and q-uniformly smooth. Let T be a Lipschitzian pseudocontractive mapping of K into itself. Let {a n } be a real sequence satisfying the following conditions (i)
0 < a n < 1
(ii) linvj^oo a n = 0 and ( 
x n = a n ω + (1 -a n ) n + 1 .
j=0 (2) if {x ni } is a subsequence of {x n } and pi, a Banach limit, then there exists a unique element x* of K satisfying
and the point x* is a fixed point of T. 
Proof. Let n > N 0 and let x* e F(T).
From (??) we get a n (x n -u) = (l-On)^r Y^=oSjX n -
(1 -a n )x n , so that, Proof. Let x ni be a subsequence of {x n } and /x a Banach limit. The results above provide yet another scheme (though implicit) which converges to fixed points of this class of maps in spaces more general than Hilbert spaces.
